Let µ be a non-negative Radon measure on d  which only satisfies the following growth condition that there exists a positive constant C such that ( ) ( ) , n B x r Cr µ ≤ for all d x ∈  , 0 r > and some fixed Keywords Non-Doubling Measures, Morrey Space, Multilinear Singular Integral Operators, RBMO, Commutator , Q x l Q will be the cube centered at x with side length ( ) l Q . For 0 r > , rQ will denote the cube with the same center as Q and with ( ) ( ) l rQ rl Q = . The set of all cubes d Q ⊂  , satisfying ( ) 0 Q µ > is denoted by ( ) µ L . In this note, we do not as-How to cite this paper: Lisume that µ is doubling. Nazarov, Treil and Volberg developed the theory of the singular integrals for the measures with growth condition to investigate the analytic capacity on the complex plane [1] [2]. Tolsa showed that the analytic capacity is subadditive and that it is bi-Lipschitz invariant [3] [4] and defined for the growth measures RBMO (regular bounded mean oscillation) space, the Hardy space ( ) 1 H µ and the Littlewood-Paley decomposition [5] [6]. He also gave his
, b T is bounded on p L spaces for 1 p < < ∞ . The same result for the multilinear commutator was obtained by Pérez and Trujillo-Gonzalez [13] . Tolsa [5] developed the theory of Calderón-Zygmund operators and their commutators with RBMO functions in the setting of non-doubling measures. Hu, Meng and Yang [14] considered the multilinear commutator on Lebesgue spaces with non-doubling measures. Chen and Sawyer [15] modified the definition of RBMO to investigate the commutators of the potential operators and RBMO functions.
In the last decade, multilinear singular integrals of Calderón-Zygmund type have attracted great attentions. Some interesting results refer to [16] [17] [18] [19] [20] in the text of Lebesgue measures. It points out that Perez and Pradolini [21] introduced a said iterated commutators generated by the multilinear singu- 
where , Q R N is the first positive integer k such that ( ) ( )
. This was introduced by Tolsa in [5] .
Let Q m f be the mean value of f on Q, namely,
The regularity bounded mean oscillations function spaces were introduced by Tolsa [5] . 
It is easy to observe that ( ) ( ) 
and, for some 
Suppose µ = ∞ the main result in this paper can be stated as follow. T ∏ as in (9) and satisfying conditions (7) and (8 , , ,
For any as in (11) and satisfying conditions (7) and (8 
Proof of Main Results
Before proving our theorem, we recall the following maximal operator,
we will use the sharp maximal estimates. Let f be a function in
The non-centered doubling maximal operator is defined by
By the Lebesgue differential theorem, it is easy to see that 
for 1 η > and 1 τ > , where the supremum is taking over all the cubes Q containing the point x.
To prove Theorem 1.2 is reduced to the following lemmas.
and satisfying conditions (7) and (8) . Then we have
We postpone the proof of Lemma 2. 
3. [24] Suppose that 1 q p < ≤ < ∞ , and there exists an increasing sequence of concentric doubling cubes, 0 1 k
and satisfying conditions (7) and (8) . Then
and satisfying conditions (7) and (8) 
σ and 2 σ are two nonempty subsets of σ and 1
we can make use of induction on 
and satisfying conditions (7) and (8) , then there exists a constant 0 C > independent of i b and i f such that
In order to prove Lemma 2.5, we have the following decomposition for the 
hence we can obtain from the equality (20) that
where , m i C are constants depending only on m and i.
Proof of Lemma 2.5. For simplicity, we denote by
ties on the right hand side of the inequality (19) . Recall the definition of the sharp maximal operator # M , and use the standard technique, see [15] for example, we only need to prove that
and
with the absolute constant C independent of , , b f Q and R, where R is any doubling cube with Q R ⊂ . In fact, we take
and clearly ( )
Recall the equality (21), for any z Q ∈ , we have that
. In order to show the inequality (22), we will calculate the integrals for the three functions above, respectively. Firstly, for 1 τ > , by the Hölder inequality one sees that
where we have choose 1 i τ > such that Similarly, for 1 τ > , by the Hölder inequality, we also deduce that
To estimate the integral related to the function ( ) III z , we split i f as , ,
. .
In order to estimate the integral of terms 
where we have used the fact (see [5] ) that, there is an absolute constant C such 
where we have use the inequation (33) again.
Taking the mean over y Q ∈ , we can obtain that
Combing the inequalities (26) (27), (28), (30), (31) and (33), we see from the estimates of 1 2 , , , I II III III and 3 III that the desired inequality (22) holds.
Next we turn to estimate the inequality (23) . For any cubes Q R ⊂ with x Q ∈ , where R is doubling. We denote 
. A A A A + + +
For the term 1 A , noting Journal of Applied Mathematics and Physics ( ) ( ) 
To estimate 2 A , we recall the notations and note that, for any sequences j ξ and j ζ ,
Using this equality and expanding , , A A A and 4 A , we obtain the de-Journal of Applied Mathematics and Physics sired inequality (23) .
Finally, let us show how to acquire the inequality (19) from the two inequalities (22) and (23) . Fix the point x and let Q be any cube that x Q ∈ . notice , Q Q K C ≤ , hence we see from the inequalities (22) and (23) , . as in (11) and satisfying conditions (7) and (8) .
